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JHoxkasareabcTBa 3TOM TeopeMbl Mbl He NPHBOAMM. JluTeparypa mo
aTOMy BoOmpocy ykasana B kuure Jbenouxe [1]. Cm. taxxke Kére [1].

4. Teopema XaHa — banaxa o npodossceHuu AureliHbLX
PYRKYUORAN08 8 KOMRAEKCHbIX NMUREHRbLIX RPOCMParcmeax

Teopema (BounenGmoct — CoGuuk). Ilyctb X — komniekcHoe Ju-
HelHOe MPOCTPAHCTBO M p (X) — HeKOTOpas onpelejeHHas Ha X noJay-
Hopma. [lycte M — xomniexcHoe J/uHeiHOE MOANPOCTPaHCTBO B X U
f —sazanubit Ha M KoOMNJeKCHBI JMHeHHBIR (QYHKUMOHAN, Tako#t, uTO
| f(x)| < p(x) na M. Torma cyulecTByeT OnpelefieHHbl Ha BCeM Mpo-
cTpaHctBe X KOMIJIEKCHBIH JuHeHHbift (ynxkuuonan F, Tako#h, uto
(1) F cayxut nponoixenueM f; (2) |F(x)| < p(x) na X.

Jloka3aTeabCTBO., 3aMeTHUM, UTO eCAd B KOMIJIEKCHOM JHHERHOM
MPOCTPAHCTBE OrPAaHMYUTHCS YMHOXEHWEM BEeKTOPOB JMIIb HAa BelleCTBEH-
Hble YHMCJA, TO 3TO MPOCTPAHCTBO MOXHO PacCcMaTpPHUBAaTb KaK BeleCTBEH-
Hoe. Ecmu f(x)=g (x)+ih(x), rae g(x) u h(x)— COOTBETCTBEHHO
BellleCTBeHHast U MHMMas 4actH f(X), TO & M A — BeilleCTBEHHble JMHeH-
Hble dYHKUMOHAJIH, onpereneHHbie Ha M. Ilpu 3tom

B <IfOI<px) v [AO|<S|If(OL<p(x) mpu xeM.
Tak xak aas xawaoro x €M

g (lx)+ih (ix) = f (ix) = if (x) = 1(g (x) +th (%)) = — h (%) +-ig (x),

TO
h(x)=— g (ix) 1ana Bcex xE M.

[To Teopeme, moka3anHoft B § 1 3TOo# ruaaBel, MBI MOXeM MPOLOJ/KHTb g
IO BelleCTBEHHOro JuHe#tHoro ¢yHkumonasa G, onpeieneHHOr0 BO BCEM
npocrpauctee X W ynosaetBopsiouiero ycaosuio G (x) < p(x) npu
x €X. Cnenosaresbto, — G (x)=G(—x)<K p(— x)= p(x), u 1no-
stoMy |G (x)| < p(x). OnpenennM Tenepb (YHKUHOHA

F(x)=G(x)— G (ix).

Jlerko Buaertb, 4To F — KOMNJEKCHbIH JuHeHHbIH (YHKUMOHAM, ompele-
JeHnbt Ha X, Tak Kak F(ix)= G (ix) —iG(-- x)= G (ix)+iG(x)=
={F(x). ®ynkunoHan F cayxut npomno/mxeHueM f, NOCKOAbKY MpH
XEM

F(x)= G (x) — G (ix) = g (x) — ig (ix) = & (x) + ik (x) = [ (x).

Yro6wl 10Ka3ath HepaBeHcTBO |F (x)| < p(x), sanuweM F(x) B Buie
F(x)=re~. Toraa |F(x)| = e®F(x)= F(e®x), u soipaxenue F (e®x)
OKa3blBAETCS  BElUECTBeHHHIM 1 HeoTpuuaTeabhbiM. [lostomy |F(x)|==
=G (") < p(e®x)=e®®] p(x) = p (x).



